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Wie alles begann . . .

Bland, Altman (1986). Statistical methods for assessing agreement between two

methods of clinical measurement. Lancet

• Zitationen: 12 696 (15. 4.), 12 711 (15.5.)

• Vergleich neuer mit etablierter Methode: Korrelationskoeffizient ist

irreführend:

– r misst linearen Zusammenhang, nicht Übereinstimmung

– Übereinstimmung ist skalenabhängig, aber nicht r

– r hängt vom Bereich ab: Wenn Stichprobe bzl. Wertebereich in zwei Gruppen

geteilt wird, ist Korrelation für gesamte Stichprobe grösser als für beide

Gruppen. Wäre für Übereinstimmung absurd.

– Test auf Signifikanz ist irrelevant (p < 0.001).

– Messungen mit hoher Korrelation (r = 0.94) können schlechte

Übereinstimmung verbergen.
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Wie alles begann . . . (cont.)
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Measurement

STATISTICAL METHODS FOR ASSESSING
AGREEMENT BETWEEN TWO METHODS OF

CLINICAL MEASUREMENT
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St George’s Hospital Medical School, London SW17; and Division of

Medical Statistics, MRC Clinical Research Centre,
Northwick Park Hospital, Harrow, Middlesex

Summary In clinical measurement comparison of
a new measurement technique with an

established one is often needed to see whether they agree
sufficiently for the new to replace the old. Such investigations
are often analysed inappropriately, notably by using
correlation coefficients. The use of correlation is misleading.
An alternative approach, based on graphical techniques and
simple calculations, is described, together with the relation
between this analysis and the assessment of repeatability.

INTRODUCTION

CLINICIANS often wish to have data on, for example,
cardiac stroke volume or blood pressure where direct
measurement without adverse effects is difficult or

impossible. The true values remain unknown. Instead
indirect methods are used, and a new method has to be
evaluated by comparison with an established technique
rather than with the true quantity. If the new method agrees
sufficiently well with the old, the old may be replaced. This is
very different from calibration, where known quantities are
measured by a new method and the result compared with the
true value or with measurements made by a highly accurate
method. When two methods are compared neither provides
an unequivocally correct measurement, so we try to assess the
degree of agreement. But how?
The correct statistical approach is not obvious. Many

studies give the product-moment correlation coefficient (r)
between the results of the two measurement methods as an
indicator of agreement. It is no such thing. In a statistical
journal we have proposed an alternative analysis,’ and
clinical colleagues have suggested that we describe it for a
medical readership.
Most of the analysis will be illustrated by a set of data (table)

collected to compare two methods of measuring peak
expiratory flow rate (PEFR).

SAMPLE DATA

The sample comprised colleagues and family of J. M. B. chosen to
give a wide range of PEFR but in no way representative of any
defined population. Two measurements were made with a Wright
peak flow meter and two with a mini Wright meter, in random
order. All measurements were taken by J. M. B., using the same two
instruments. (These data were collected to demonstrate the
statistical method and provide no evidence on the comparability of
these two instruments.) We did not repeat suspect readings and took
a single reading as our measurement of PEFR. Only the first
measurement by each method is used to illustrate the comparison of
methods, the second measurements being used in the study of
repeatability.

PEFR MEASURED WITH WRIGHT PEAK FLOW AND

MINI WRIGHT PEAK FLOW METER

PLOTTING DATA

The first step is to plot the data and draw the line of equality on
which all points would lie if the two meters gave exactly the same
reading every time (fig 1). This helps the eye in gauging the degree
of agreement between measurements, though, as we shall show,
another type of plot is more informative.

INAPPROPRIATE USE OF CORRELATION COEFFICIENT

The second step is usually to calculate the correlation
coefficient (r) between the two methods. For the data in fig 1,
r=0-94 (p<O. 00 I). The null hypothesis here is that the
measurements by the two methods are not linearly related.
The probability is very small and we can safely conclude that
PEFR measurements by the mini and large meters are
related. However, this high correlation does not mean that
the two methods agree:

(1) r measures the strength ofa relation between two variables, not
the agreement between them. We will have perfect agreement only
if the points in fig 1 lie along the line of equality, but we will have
perfect correlation if the points lie along any straight line.

any -

Fig I-PEFR measured with large Wright peak flow meter and mini
Wright peak flow meter, with line of equality.
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(2) A change in scale of measurement does not affect the

correlation, but it certainly affects the agreement. For example, we
can measure subcutaneous fat by skinfold calipers. The calipers will
measure two thicknesses of fat. If we were to plot calipers
measurement against half-calipers measurement, in the style of
fig 1, we should get a perfect straight line with slope 2 - 0. The
correlation would be 1-0, but the two measurements would not
agree-we could not mix fat thicknesses obtained by the two
methods, since one is twice the other.

(3) Correlation depends on the range of the true quantity in the
sample. If this is wide, the correlation will be greater than if it is
narrow. For those subjects whose PEFR (by peak flow meter) is less
than 500 1/min, r is 0 - 88 while for those with greater PEFRs r is
0 - 90. Both are less than the overall correlation of 0 - 94, but it would
be absurd to argue that agreement is worse below 500 1/min and
worse above 500 1/min than it is for everybody. Since investigators
usually try to compare two methods over the whole range of values
typically encountered, a high correlation is almost guaranteed.

(4) The test of significance may show that the two methods are
related, but it would be amazing if two methods designed to measure
the same quantity were not related. The test of significance is
irrelevant to the question of agreement.

(5) Data which seem to be in poor agreement can produce quite
high correlations. For example, Serfontein and Jaroszewicz2 2
compared two methods of measuring gestational age. Babies with a
gestational age of 35 weeks by one method had gestations between
34 and 39 - 5 weeks by the other, but r was high (0 - 85). On the other
hand, Oldham et al3 compared the mini and large Wright peak flow
meters and found a correlation of 0- 992. They then connected the
meters in series, so that both measured the same flow, and obtained a
"material improvement" (0-996). If a correlation coefficient of
0 - 99 can be materially improved upon, we need to rethink our ideas
of what a high correlation is in this context. As we show below, the
high correlation of 0 - 94 for our own data conceals considerable lack
of agreement between the two instruments.

MEASURING AGREEMENT

It is most unlikely that different methods will agree exactly,
by giving the identical result for all individuals. We want to
know by how much the new method is likely to differ from the
old; if this is not enough to cause problems in clinical
interpretation we can replace the old method by the new or
use the two interchangeably. If the two PEFR meters were
unlikely to give readings which differed by more than, say,
10 1/min, we could replace the large meter by the mini meter
because so small a difference would not affect decisions on

patient management. On the other hand, if the meters could
differ by 100 1/min, the mini meter would be unlikely to be
satisfactory. How far apart measurements can be without
causing difficulties will be a question of judgment. Ideally, it
should be defined in advance to help in the interpretation of
the method comparison and to choose the sample size.
The first step is to examine the data. A simple plot of the

results of one method against those of the other (fig 1) though
without a regression line is a useful start but usually all the
data points will be clustered near the line and it will be

difficult to assess between-method differences. A plot of the
difference between the methods against their mean may be
more informative. Fig 2 displays considerable lack of

agreement between the large and mini meters, with

discrepancies of up to 80 1/min; these differences are not
obvious from fig 1. The plot of difference against mean also
allows us to investigate any possible relationship between the
measurement error and the true value. We do not know the
true value, and the mean of the two measurements is the best
estimate we have. It would be a mistake to plot the difference
against either value separately because the difference will be
related to each, a well-known statistical artefact.4

Fig 2-Difference against mean for PEFR data.

For the PEFR data, there is no obvious relation between
the difference and the mean. Under these circumstances we
can summarise the lack of agreement by calculating the bias,
estimated by the mean difference (B) and the standard
deviation of the differences (s). If there is a consistent bias we
can adjust for it by subtracting d from the new method. For
the PEFR data the mean difference (large meter minus small
meter) is - 2 - 1 1/min and s is 38’ 8 1/min. We would expect
most of the differences to lie between a. - 2s and 3+ 2s (fig 2).
If the differences are Normally distributed (Gaussian), 95%
of differences will lie between these limits (or, more precisely,
between a. - 1’ 96s and 3+ 1 - 96s). Such differences are likely
to follow a Normal distribution because we have removed a
lot of the variation between subjects and are left with the
measurement error. The measurements themselves do not
have to follow a Normal distribution, and often they will not.
We can check the distribution of the differences by drawing a
histogram. If this is skewed or has very long tails the

assumption of Normality may not be valid (see below).
Provided differences within a&plusmn;2s would not be clinically

important we could use the two measurement methods
interchangeably. We shall refer to these as the "limits of
agreement". For the PEFR data we get:

Thus, the mini meter may be 80 1/min below or 76 1/min
above the large meter, which would be unacceptable for
clinical purposes. This lack of agreement is by no means
obvious in fig 1.

PRECISION OF ESTIMATED LIMITS OF AGREEMENT

The limits of agreement are only estimates of the values
which apply to the whole population. A second sample would
give different limits. We might sometimes wish to use

standard errors and confidence intervals to see how precise
our estimates are, provided the differences follow a

distribution which is approximately Normal. The standard
error of d is &yacute;(s2/n), where n is the sample size, and the
standard error of d - 2s and d + 2s is about f(3s2/n). 95%
confidence intervals can be calculated by finding the

appropriate point of the t distribution with n- 1 degrees of
freedom, on most tables the column marked 5% or 0 - 05, and
then the confidence interval will be from the observed value
minus t standard errors to the observed value plus t standard
errors.

For the PEFR data s= 38 - 8. The standard error of -d is thus 9 &deg; 4.
For the 95% confidence interval, we have 16 degrees offreedomand

• dj = Y1j − Y2j, s = SD(d)

• d̄ : “bias”

• d̄± 2s : “limits of agreement”

• SE(d̄) = s/
√

n, SE(s) = s/
√

2n −→ SE(d̄± 2s) ≈ s
√

3/
√

n
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Wie alles begann . . . (cont.)

Bland & Altman diskutieren auch:

• logarithmische Transformation

(einzig sinnvolle)
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Fig 3-Oxygen saturation monitor and pulsed oximeter saturation.

t=2-12. Hence the 95% confidence interval for the bias is
- 2. 1-(2.12x9.4) to -2-l+(2-12x9-4), giving -22-Oto 17.8
l/min. The standard error of the limit d - 2s is 16-3 3 1/min. The
95% confidence interval for the lower limit of agreement is

- 79-7-(2-12x16-3) to-79-7+(2-12x16-3), giving -114-3 to
- 45-11/min. For the upper limit of agreement the 95% confidence
interval is 40 - 9 to 110 - -11/min. These intervals are wide, reflecting
the small sample size and the great variation ofthe differences. They
show, however, that even on the most optimistic interpretation
there can be considerable discrepancies between the two meters and
that the degree of agreement is not acceptable.

EXAMPLE SHOWING GOOD AGREEMENT

Fig 3 shows a comparison of oxygen saturation measured
by an oxygen saturation monitor and by pulsed oximeter
saturation, a new non-invasive technique.5 Here the mean
difference is 0 - 42 percentage points with 95% confidence
interval 0 - 13 to 0 - 70. Thus pulsed oximeter saturation tends
to give a lower reading by between 0 - 13 and O. 70. Despite
this, the limits of agreement (- 2 - 0 and 2 - 8) are small enough
for us to be confident that the new method can be used in

place of the old for clinical purposes.

RELATION BETWEEN DIFFERENCE AND MEAN

In the preceding analysis it was assumed that the
differences did not vary in any systematic way over the range
of measurement. This may not be so. Fig 4 compares the
measurement of mean velocity of circumferential fibre

shortening (VCF) by the long axis and short axis in M-mode
echocardiography.6 The scatter of the differences increases as
the VCF increases. We could ignore this but the limits of

- .81

Fig 4-Mean VCF by long and short axis measurements.

agreement would be wider apart than necessary for small VCF
and narrower than they should be for large VCF. If the
differences are proportional to the mean, a logarithmic trans-
formation should yield a picture more like that of figs 2 and 4,
and we can then apply the analysis described above to the log-
transformed data.

Fig 5 shows the log-transformed data of fig 4. This still shows a
relation between the difference and the mean VCF, but there is
some improvement. The mean difference is - 0’ 008 on the log scale
and the limits of agreement are - 0 - 226 and 0 - 243. However,
although there is only negligible bias, the limits of agreement have
somehow to be related to the original scale of measurement. If we
take the antilogs of these limits we get 0 - 80 and 1 - 27. However, the
antilog of the difference between two values on a log scale is a
dimensionless ratio. The limits tell us that for about 95% of cases the
short axis measurement of VCF will be between 0 - 80 and 1-27
times the long axis VCF. Thus the short axis measurement may
differ from the long axis measurement by 20% below to 2707o above.
(The log transformation is the only transformation giving back-
transformed differences which are easy to interpret, and we do not
recommend the use of any other in this context.)
Sometimes the relation between difference and mean is more

complex than that shown in fig 4 and log transformation does not
work. Here a plot in the style offig 2 is very helpful in comparing the
methods. Formal analysis, as described above, will tend to give
limits of agreement which are too far apart rather than too close, and
so should not lead to the acceptance of poor methods of measure-
ment.

Fig 5-Data of fig 4 after logarithmic transformation.

REPEATABILITY

Repeatability is relevant to the study of method comparison
because the repeatabilities of two methods of measurement
limit the amount of agreement which is possible. If one
method has poor repeatability-ie, there is considerable
variation in repeated measurements on the same subject-the
agreement between the two methods is bound to be poor too.
When the old method is the more variable one, even a new
method which is perfect will not agree with it. If both
methods have poor repeatability, the problem is even worse.

The best way to examine repeatability is to take repeated
measurements on a series of subjects. The table shows
paired data for PEFR. We can then plot a figure similar
to fig 2, showing difference against mean for each subject. If
the differences are related to the mean, we can apply a log
transformation. We then calculate the mean and standard
deviation of the differences as before. The mean difference

• Wiederholbarkeit (nehmen Ed = 0 an)

• Formel für limits of agreement für 2 Methoden bei je 2 Messungen (zeigen

aber keinen Plot)
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Wie macht man einen Bland–Altman Plot?

1. Wir sind keine Graphiker!

Michel, Rake, Götzmann, Seifert, Ferrazzini, Chaoui, Treiber, Keller, Marincek, Kubik–Huch

(2002). Pelvimetry and patient acceptability compared between open 0.5–T and closed 1.5–T

MR systems. European Radiology.

2903

ISD and ITD in one case and all parameters in the sec-
ond case. Pelvimetry was easier in the open system due
to a smaller rim artifact around the bone. The resulting
measures were no more than approximately 0.2 cm
shorter than in the closed system (Table 2), reaching sig-
nificance in the case of ISD and ITD only. Limits of
agreement ranged from 3 to 5% of the corresponding
mean. 

Discussion

The results show that, given the choice, most women
prefer open-magnet pelvimetry. Their preference is tech-
nically feasible provided their abdominal circumference
does not exceed 120 cm, but the development of new
surface coils should soon eliminate even this limitation.
We originally expected the preference for the open
system to be even more pronounced, but it may have
been blunted by longer handling time, due to manual coil
centering and table positioning compared with the clos-

Fig. 5a–d Sagittal and axial
images in a pregnant woman
with an abdominal circumfer-
ence of 106 cm. a, b Open
system; c, d closed system. The
axial images show signal loss
in the open system (arrows)
due to the limited field of view
of the body flex coil (coil im-
pressions: short broad arrows)

Table 2 Open vs closed system pelvimetry (cm). ISD interspi-
nous; ITD intertuberous; OC obstetric conjugate; SO sagittal out-
let; TD transverse diameter

Measure Mean±SD Minimum Maximum ∆±SD

OC Open 11.7±0.8 10.0 12.9 –0.0±0.2
Closed 11.8±0.8 10.5 13.0

SO Open 11.4±0.9 9.8 13.3 –0.1±0.2
Closed 11.5±0.9 10.0 13.4

TD Open 13.0±0.9 11.1 14.7 –0.1±0.2
Closed 13.1±0.9 11.0 14.7

ISD Open 10.9±0.9 8.6 12.1 –0.1±0.3*

Closed 11.0±0.8 8.9 12.8

ITD Open 12.2±1.0 10.1 13.8 –0.2±0.3*

Closed 12.4±1.0 10.1 13.9

*Significant difference between the two methods p=0.01
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Wie macht man einen Bland–Altman Plot? (cont.)

2.

• kürzliche Beratung: “Vergleich der orthogon. Spektrographie mit der

intravitalen Fluoreszenzmikroskopie zur Erfasssung des Reperfusionsschadens

am Periost”. Kunden hatten ein Jahr verzweifelt nach Graphiker gesucht.

• 2 Messmethoden (OPS, IVM), 2 Messpunkte (Baseline “o”, 1 h Reperfusion

“•”), 4 Parameter (FCD, Diameter, RBC-Velocity, Blood flow), 6 Tiere, je 5

Messungen
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Wie macht man einen Bland–Altman Plot? (cont.)

3. SPSS Geht nicht !
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Wie macht man einen Bland–Altman Plot? (cont.)

3. SPSS Geht doch !

• SPSS 13, nur Gallery, “Add a reference line to the Y axis”

• auch bei overlay scatter
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Formel für Bias und Limits of Agreement
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• Darf ich die Clusterung ignorieren?

Yijk` = µi + aj + bk + cij + eik + fjk + gijk + εijk`

i = 1,2 Methode

j = 1,2 Messpunkt

k = 1,6 Tier

` = 1,5 Nr. innerhalb (ijk)

(djk` unklar: Frage, ob Reihenfolge ` wichtig; sonst 5 statt einer Differenz?)

djk` = bias + (c1j − c2j) + (e1k − e2k) + (g1jk − g2jk) + (ε1jk` − ε2jk`)

E(d̄) = E(djk`) = bias Clusterung kann ignoriert werden!

V(djk`) = 2
(
σ2

c + σ2
e + σ2

g + σ2
ε

)
E(s2) = 1.0σ2

c + 1.7σ2
e + 1.9σ2

g + 2σ2
ε zu eng!

Halten Messpunkte und Tiere fest

−→ s2 ist richtiges Mass der Variabilität um Bias

Beratungsseminar 15. 5. 2008 9



Konfidenzintervalle für Bias und Limits of Agreement

1. Ignorieren!

2. SPSS und lmer{lme4} liefern asymptotische Kovarianzmatrix der

Varianzkomponentenschätzer (REML).

σ̂ ∼ N(σ,Σ)

V = V(djk`) = 2 * Summe der Varianzkom-

ponenten, die
”
Methode“ enthalten

V = aTσ

limits of agreement:

bias ± 2
√

V

Var(V) = 4 * Summe aller Kovarianzen, die

zweimal
”
Methode“ enthalten

Var(aT σ̂) = aTΣa

Var(f(x)) = (f ′(µ))2 ∗Var(x)

Var(
√

V ) = 1/(4 ∗ V ) ∗Var(V )
(
x1/2

)′
= 1

2
x−1/2

Grenzen des CI für limit of agreement:

SE(limit) =
√

Var(bias) + 4Var(
√

V )
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Warum erzähle ich das hier alles?

Meier, Schramm, Holstein, Seifert, Trentz, Menger (2006). Measurement of compartment

pressure of the rectus sheath during intra–abdominal hypertension in rats. Intensive Care

Medicine

−→

Benninger, Laschke, Cardell, Holstein, Seifert, Keel, Trentz, Menger, Meier (2008).

Compartment pressure of the rectus sheath accurately reflects intra-abdominal pressure in a

porcine model. submitted

−→ Referenz:

Malbrain et al. (2006) Results from the International Conference of Experts on Intra-abdominal

Hypertension and Abdominal Compartment Syndrome. I. Definitions. Intensive Care

Medicine

−→ Web-page: http://www.wsacs.org/research recommendations.php

WSACS (World Society of the Abdominal Compartment Syndrome)

Recommendations for Research
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• Statistical considerations

Descriptive statistics of the IAP values in the study population should be

provided. The measurements should be compared using Bland and Altman

statistics, and bias with 95% confidence interval, including the lower and

upper limits of agreement should be reported. A graphical representation of

the data is needed to evaluate performance across the range of IAP in the study

group. Correlation coefficients and scatterplots may be added. A new

method can considered to be acceptable only if at least 20 relevant patients

have been studied, if the bias (the difference between two measurements) does

not exceed 1mmHg (either positive or negative) and the precision (the

standard deviation of the bias) is not higher than 2mmHg. The percentage

difference (defined as the precision divided by mean IAP) should also be

provided, and be no higher that 25% (. . . ). The number of measurements

per patient should be reported, and if this is not the same in all patients,

appropriate statistical correction is needed.
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• 7 Tiere, Druck stufenweise in 14 Stufen erhöht und wieder reduziert

(2 Perioden)  12   

Fig. 1. Bland-Altman plot for PInsuff and corresponding CPRS for all IAP between 
physiological pressure and 30mmHg. Mean P = (PInsuff +CPRS)/2; difference PInsuff-CPRS. 
Between 25 and 28 measurements per animal were performed, depending on the initial 
physiological IAP. This resulted in a total of 188 measurements. Lines Lower and upper limit 
of agreement (bias±1.96*standard deviations) 
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 4 

Table  T2. Analysis of direct IAP measurement (PInsuff) and different indirect IAP measure-
ment techniques for all IAP between physiological pressure and 10mmHg. Between 5 and 8 
measurements per animal were performed, resulting in a total of 48 measurements. 
 
        
 CPRS vs. PInsuff  FVP vs. PInsuff IVP vs. PInsuff Reference [11] 
 
 
Mean IAP (mmHg) 8.1 7.9 7.0 
 
Bias (mmHg) -1.3 -1.0 0.7 -1 to +1 
 
Precision (SD, mmHg) 1.7 1.5 1.1 2 
 
Lower LA (mmHg) -4.7 -3.8 -1.6 Bias  -4 
 
Upper LA (mmHg) 2.1 1.9 2.9 Bias +4 
 
Percentage error [8] 42% 36% 32% <25% 
 
COVA 0.21 0.18 0.16 
 
R2 within animals 0.759 0.846 0.897  
 
 
IAP intra-abdominal pressure, PInsuff  automatically controlled insufflator pressure, CPRS 
compartment pressure of the rectus sheath, FVP femoral vein pressure, IVP intra-vesical 
pressure, SD standard deviation=precision, LA limit of agreement (Bias± (1.96*SD)), COVA 
coefficient of variation (SD/Mean IAP). 
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